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Abstract
A new Digital Elevation Model (DEM) of the natural landforms of Italy is presented. A methodology is discussed to
build a DEM over wide areas where elevation data from non-homogeneous (in density and accuracy) input sources
are available. The input elevation data include contour lines and spot heights derived from the Italian Regional topographic maps, satellite-based global positioning system points, ground based and radar altimetry data. Owing to the
great heterogeneity of the input data density, the DEM format that better preserves the original accuracy is a Triangular Irregular Network (TIN). A Delaunay-based TIN structure is improved by using the DEST algorithm that enhances input data by evaluating inferred break-lines. Accordingly to this approach, biased distributions in slopes and
elevations are absent. To prevent discontinuities at the boundary between regions characterized by data with different resolution a cubic Hermite blending weight S-shaped function is adopted. The TIN of Italy consists of 1.39 ×109
triangles. The average triangle area ranges from 12 to about 13000 m2 accordingly to different morphologies and different sources. About 50% of the model has a local average triangle area <500 m2. The vertical accuracy of the obtained DEM is evaluated by more than 200 000 sparse control points. The overall Root Mean Square Error (RMSE)
is less than 3.5 m. The obtained national-scale DEM constitutes an useful support to carry out accurate geomorphological and geological investigations over large areas. The problem of choosing the best step size in deriving a grid
from a TIN is then discussed and a method to quantify the loss of vertical information is presented as a function of
the grid step. Some examples of DEM application are outlined. Under request, an high resolution stereo image database of the whole Italian territory (derived from the presented DEM) is available to browse via internet.

and Pfiffner, 2001; Székely and Karátson, 2004;
Ganas et al., 2005). The accuracy of a DEM is
essential for environmental analyses (Kenward
et al., 2000; Chaplot et al., 2006) and for natural phenomena simulation (Stevens et al., 2003;
Favalli et al., 2005, 2006a). Owing to the complexity of the geodynamic and morphological
context and to the extensive urbanization, Italian
territory is often exposed to hazardous events
(e.g., Pareschi et al., 2000a,b).
Italy is administratively partitioned into 20
Regions and each Regional territory is divided
into several sub-territorial authorities (i.e.
Provinces and River Basin Authorities). Local
administrations followed different methodologies and attained an uneven detail in elevation
data collection according to different means
and/or environmental priorities.
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1. Introduction
Digital Elevation Models (DEMs) are essential for many geological and environmental
studies. Topography plays a fundamental role in
hydrological and morphological studies, in risk
and hazard evaluations, and to identify lineaments and faults (Martz and Garbrecht, 1995;
Stevens et al., 1999; Favalli et al., 1999; Kuhni
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This paper is primarily focused on the creation of a global seamless high resolution DEM
of the whole Italian territory from an heterogeneous dataset. In recent decades new technologies have allowed the creation of several DEMs
at continental and regional scales (Hutchinson,
1996; Liu et al., 1999; NED-USGS, 2000; Farr
and Kobrick, 2000; Bamber et al., 2001; Swisstopo, 2001). We used suitable interpolation algorithms and procedures to create as accurate a
model as possible from the available data. The
DEM is provided in a TIN format and we present procedures for data merging and elaboration
too. The output dataset is named TINITALY/01.

a

b
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e

Since DEMs are often requested in grid format, we carefully investigate the loss of accuracy in converting a TIN into elevation grids with
variable step size.
Finally, we mention some examples of applications of our DEM.
1.1. Previous DEMs
Before our effort, four DEMs of the whole
Italian territory were available: they are listed
and briefly described in the following (in order
of decreasing step size):

c

Fig. 1a-e. Shaded relief images (illumination from northwest) of samples of the available DEMs of Italy, representing the northeast summit of Mt. Etna in Sicily. Bottom right panel: the map of Italy with the main mountainous areas and the test site location. North to the top. From the lower (a) to the higher (e) horizontal grid resolution:
a) Archivio delle Quote Medie with a grid cell of 240 m; b) SRTM with a grid cell of 90 m; c) Terra-Italy/CGR
with a grid cell of 40 m; d) IGM-1:25000 with a grid cell of 20 m; e) TINITALY/01 resampled to a 10 m grid cell.
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accessed on July 2007) and is obtained from
contour lines and spot heights derived from the
IGM 1:25000 maps (fig. 1d). These data are
projected in UTM ED50 and are organized
in tiles of 3 different sizes (10×10 km2 with a 20
m resolution; 10l Long ×6l Lat with a 1m resolution; 20l Long ×12l Lat with a 3m resolution).
The elevation value of each grid point was mainly calculated by an inverse-distance weighted algorithm, averaging the 8 nearest neighbor elevations on contour lines or spot heights. These 8
points are the nearest ones in the eight sectors
defined by the N-S and E-W directions and their
bisectors. Sometimes, the interpolation algorithm introduces biased topographic features,
with an octahedral pattern (Favalli and Pareschi,
2004). IGM guarantees a vertical accuracy of 710 m estimated as tested by using control points.

i) Archivio delle Quote Medie – This DEM
was obtained by simple linear interpolation of
contour lines digitized from the 1:25000 maps of
the Istituto Geografico Militare (IGM) (fig. 1a).
The database is organized into 280 tiles (Carrozzo et al., 1985) subsequently merged into an unique matrix with a step of about 240 m (Pike et
al., 1990; Reichenback et al., 1993). This model
was used as a framework for morphological and
hydrogeological applications at regional scale
(Onorati et al., 1992; Guzzetti and Reichenbach,
1994; Guzzetti et al., 1997, 1999).
ii) SRTM-Italy – A global Terrain Model was
released on May 2004 by the National Aeronautics and Space Administration (NASA) and the
National Imagery and Mapping Agency (NIMA)
(Farr and Kobrick, 2000; <http://www.jpl.nasa.gov/srtm> accessed on July 2007) in the context of the Shuttle Radar Topography Mission
(SRTM). SRTM acquires two simultaneous images by a dual Spaceborne Imaging Radar (SIRC) and dual X-band Synthetic Aperture Radar (XSAR) configured as a baseline interferometer.
The data are expressed in geographic coordinates
and are referenced to the WGS84 Geoid. More
than 90% of the Italian land surface is covered by
SRTM data. The SRTM DEM in Italy is averaged
to 3m spacing (∼90 m posting) from the original 1m
spacing. The absolute horizontal and vertical precision is 20 m (error at 90% confidence) and 16
m (error at 90% confidence), respectively (fig.
1b). Vegetation is not considered in these error estimates and it is expected to introduce systematic
positive RMSEs in the SRTM elevations (Falorni
et al., 2005).
iii) Terra-Italy/CGR – This DEM of Italy was
produced by the Compagnia Generale Ripreseaeree (Compagnia Generale Ripreseaeree SpA,
<http://www.blomasa.com/cgr/it> accessed on
July 2007) by aerophotogrammetry. Aerial photos at 1:70000 scale were acquired at an average altitude of 10000 m a.s.l. by using a Wild
camera RC20 (focus 152.82 mm). Digital elevation data, step size 40 m, are arranged in tiles
of 185×144 grid cells. Altimetric precision is
less than 5 m in 95% of cases (fig. 1c).
iv) IGM-1:25000 DEM – This DEM was
created by IGM (Istituto Geografico Militare,
Florence, Italy, 2° Direzione della produzione,
Servizio Elaborazione Dati; <www.igmi.org>,

2. TINITALY/01: input data and processing
methods
2.1. Data sources
The used input data came from different
sources and were collected with the help of the
Italian Ministry of the Environment, the Italian
Regions and Provinces, the River Basin Authorities and IGM (fig. 2).
The main data sources were:
i) Technical Cartography (CTR 5000 maps
at 1:5000 scale, fig. 2). Contour lines (5 m interval) and spot heights derived from aerial photogrammetric surveys were available in a digital
format. For some areas, gullies and ridges determined through photogrammetry were available
as 3D polylines. Vertical precision is 1.2 m for
spot heights and 2 m for contour lines. Planimetric precision is 2 m (in 95% of cases).
ii) Technical Regional Cartography (CTR
10000 maps at 1:10000 scale, fig. 2). Contour
lines (10 m interval) and spot heights derived
from aerial photogrammetric surveys were available in a digital format. For some areas, gullies
and ridges, determined through photogrammetry,
were available as 3D polylines. Vertical precision
is 1.8 m for spot heights and 3.5 m for contour
lines. Planimetric precision is 4 m (in 95% of
cases).
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Fig. 2. The resolution of input data sources is not homogeneous over the Italian territory. Data resolution may
even vary within some regions (e.g., Liguria Region).

iii) Technical Regional Cartography (CTR
10000 maps, at 1:10000 scale, fig. 2). Vertical
precision is 1.8 m for spot heights and 3.5 m for
contour lines (50 m interval). Planimetric precision is 5 m.
iv) IGM data (IGM 25000 maps, at 1:25000
scale, fig. 2). Contour lines (25 m interval) and
spot heights with variable vertical precision (1-7
m).
v) Airborne laser-scanner altimetry data
with submetric precision (fig. 2); Tevere, Aniene,

Nera-Velino river beds in the Lazio Region (Tevere River Basin Authority, 1997-1998).
vi) Sparse Global Positioning System
(GPS) data with centimeter precision (Autonomous Province of Bolzano-Alto Adige).
vii) Additional detailed input data were used
for some volcanic areas (fig. 2). For the Vesuvian
area contour lines and spot heights at a nominal
scale of 1:2000 (Pareschi et al., 2000b) with a
vertical precision of 0.6 m (spot heights) and 0.9
m (contour lines) and with planimetric precision
410
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of 1.2 m (in 95% of cases) were used. For portions of the Aeolian Islands (Achilli et al., 1998;
Bisson et al., 2003) and Etna (Favalli et al., 2005)
detailed input data with an altimetric precision of
less than 0.5-1 m were used.
viii) The coastline was digitized from the
IT2000 orthophotos 1 m pixel size, 4 m planimetric accuracy (after Compagnia Generale Ripreseaeree SpA, <http://www.blomasa.com/cgr/it>
accessed on July 2007).
The input datasets were originally available
in the following map projections and datums:
– SI 1940, Gauss Boaga (Transverse Mercator), Hayford 1909 Ellipsoid, Monte Mario,
Zone 1 (west) and Zone 2 (east), elevation data
are referred to Mean Sea Level (MSL).
– Universal Transverse Mercator Projection,
European Datum ED50 with the International
Hayford (1909) Ellipsoid, Potsdam, Zones 32
and 33, elevation data referred to MSL.
The adopted coordinate systems for TINITALY/01 is Universal Transverse Mercator/World
Geodetic System 1984 (UTM-WGS84): the 32
zone (for Western Italy) and the 33 zone (for

Eastern Italy). Coordinate transformation from
other systems to the adopted one were performed
using the Traspunto software (Maseroli, 2002)
based on the IGM95 Italian network, Europe
ETRS89 Reference System (Surace, 1997). The
planimetric precision of this coordinate transformation is 20 cm on the average, with a maximum
error less than 0.85 m.
2.2. The triangulation method
Several interpolation techniques are used for
the generation of raster-format DEMs, the main
are: inverse distance weighting, ordinary kriging,
universal kriging, multiquadratic radial basis function and regularized spline with tension. Many authors have compared the reliability of these different methods (e.g., Chaplot et al., 2006) concluding
that the best choice is not univocal because it
strongly depends on the input data density.
The TIN structure perfectly deals with the
variable density of the input data preserving details and avoiding redundancy.

Fig. 3. Plot of RMSE versus equidistance computed through the DEST (open blue diamond) and Delaunay approach (open red diamond). The original equidistance was ∆z0 =5 m. The regression line slope represents the average errors in interpolation as a function of equidistance. DEST has an average RMSE of about 5% of the
equidistance, whereas Delaunay has an average RMSE of 20%.
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The most diffuse method to build a TIN is
Delaunay tessellation (Macedonio and Pareschi,
1991). This method minimizes the sum of the
maximum internal angle of all the triangles.
Moreover, no point of the set is inside the circumcircle of any triangle of such a tessellation.
The Delaunay method provides satisfactory results if input points are randomly scattered, but if
they have a pattern in a plane, false flat morphological features related to the triangle whose all
vertices belong to the same contour line are introduced, and bias effects occur. This especially
happens where contours lines have high curvature. We adopted the DEST algorithm (Favalli
and Pa-reschi, 2004) to avoid this problem. The
basic idea by DEST is the computation of ridges
and gullies identified as the skeleton of the regions where biased distributions in slopes and elevations arise after a «simple» Delaunay tessellation. DEST computes medial lines (skeleton)
equidistant from the boundary of the flat region
constituted by local network of flat triangles. The
Z value of each skeletal node is interpolated between adjacent contour lines.
All the original input points (spot heights and
elevation contours) plus the computed ones along
break-lines (skeleton lines) are used to create an
improved triangular mesh. When input data have
a random distribution (for example when provided by a laser scanning survey), DEST performs a
straightforward Delaunay tessellation.
To further evaluate the performance of the
two algorithms, DEST and Delaunay, we compared RT (a reference TIN built using contour
lines with the equidistance ∆z0 = 5 m) with a series of re-built TINs obtained from a subset of
the input data (∆zn = ranging from 10 to 70 m,
by 5 m): the closer the sub-set TIN to the RT,
the better the triangulation algorithm.
This procedure was applied once using the
DEST algorithm and then the Delaunay one over
29 test areas representing the Italian landforms
types. Subsequently the elevation RMSE was
computed considering about 6×106 control points
for each test area and the results are shown in fig.
3. As an overall result the DEST algorithm introduced an average RMSE corresponding to about
5% of the equidistance between the subset contour lines, whereas the Delaunay approach yielded an average RMSE of about 20%.

2.3. Data processing
At a first step the huge amount of collected
data was considered in separate batches to obtain preliminary elevation models of single regions (step 1, fig. 4). To allow easier data management, the input dataset was organized according to 10×10, 5×5 or 2.5×2.5 km2 tiles, depending on the density of the input data (the
denser the data the smaller the tile size).
Error correction involved a preliminary automatic procedure (batch processing) followed
by a supervised one.
Original data redundancy and anomalies
were corrected through batch processing. For example, when the distance between a spot height
and a contour line was lower than the planimetric precision of topographic contour points, the
considered spot height was automatically removed.
The supervised correction of the vector database was performed through a series of editing
tools and automatic and semi-automatic filters
(the TINITALY/01 toolbox) created using the ArcView 3.3® package. A team of GIS-skilled operators applied these utilities and time after time
tuned the filters parameters considering both different input vector types (i.e. equidistance) and
different morphologies (i.e. steep slopes in the
case of close contour lines, or smooth slopes for
spaced contours).
During the supervised correction, areas where
the input data vector were unusable had been integrated using raster IGM cartographic maps at a
nominal scale of 1:25000. To preserve boundary
continuity, each tile was merged with the adjacent
ones, corrected, and then cut updating the whole
database. This procedure ensures that tile borders
are free from edgematching errors.
The second step (fig. 4) consists of the merging of the vector databases belonging to the Regions of the same UTM zone. In this way we obtained the country model arranged in two zones
(32 and 33).
As a final step the 33 zone database, reprojected to 32 zone, was merged with the resident
32 zone database obtaining the thorough seamless TIN of Italy (step 3, fig. 4).
Particular attention was paid to prevent seams
along boundary between areas with different spa412
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tial resolution (steps 2 and 3, fig. 4). These discontinuities were minimized by a cubic Hermite
blending weight S-shaped function, controlling
adverse edge effects and preserving elevation
continuity across the boundaries (Liu et al., 1999)
(fig. 5a,b).
A trial-and-error loop was followed throughout all the correction procedure (the «check» circle, fig. 4).

a

b

Fig. 5a,b. a) Perspective view of two contiguous areas with different spatial resolutions: in the bottom left
portion the Toscana Region with denser contour lines
and, in the upper portion, the Emilia Romagna Region
with lower resolution data. In the yellow belt merging
between the two areas is forced. Red lines represent tile
edges, the tiles in foreground are 2.5×2.5 km2. The thin
solid blue line is the administrative boundary between
the two Regions. b) The same view of (a) showing the
obtained DEM.

3. The seamless TIN of Italy
As already mentioned, the TIN of Italy is
available in the UTM-WGS84 coordinate system, zones 32 and 33. Elevations are referred to
mean sea level.
The main characteristics of TINITALY/01
are resumed in table I for each Region and for
the whole territory.
The node density of TINITALY/01 is shown
in fig. 6. Density is mainly controlled both by

Fig. 4. Flow chart of data processing procedure for
the creation of the TINITALY/01. Data check implies the creation of shaded relief images where artifacts appear as erratic scars, anomalous ditches,
sharp peaks or deep ridges.
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26916
43129
41771
36648
88138
541047
392388
30317
207675
169207
19855
298614
58728
372441
98295
356360
70271
182737
68026
990398
3390000

No. 2D
lines nodes

184000000
5060000
160000000
5320000
207000000
6450000
183000000
5970000
109000000
3510000
577000000 99400000
263000000
7480000
204000000 22300000
222000000 11600000
29000000
26400000
71500000
2100000
475000000 29600000
149000000
4180000
580000000 43900000
263000000
9610000
547000000 43000000
787000000 50800000
251000000
8680000
252000000 36000000
629000000 86200000
5960000000 486000000

No. tiles No. spot 2D lines
heights length (m)

Abruzzo
142
Basilicata
136
Calabria
197
Campania
183
Emilia Romagna
283
Friuli Venezia Giulia 1404
Lazio
353
Liguria
361
Lombardia
308
Marche
544
Molise
68
Piemonte
4348
Puglia
263
Sardegna
4207
Sicilia
1239
Toscana
3283
Trentino Alto Adige 2362
Umbria
1491
Valle d’Aosta
594
Veneto
3189
Italy
24845

Region

0
0
0
0
1270000
40400000
54300
1380000
1820000
65300
0
6420
0
4860000
14100
91700
103000
7080
0
40900000
80800000

0
0
0
0
32200
3910000
1160
154000
40100
1820
0
264
0
290000
855
1750
8840
191
0
2430000
6150000

100000000
141000000
147000000
143000000
178000000
77200000
170000000
97400000
220000000
124000000
604000000
258000000
149000000
265000000
166000000
316000000
71200000
63600000
58400000
10000000
2580000000

4100000
6030000
6660000
5700000
5550000
12900000
7310000
10400000
11200000
12600000
2260000
12700000
4830000
24300000
8510000
21600000
8600000
4070000
8820000
12800000
186000000

3D lines
No. 3D
DEST lines No. DEST
length (m) lines nodes length (m) lines nodes

Average
triangles
area (m2)

16500000
814
19600000
670
22500000
697
20700000
768
15900000 1591
282000000
30
28000000
747
50200000
120
39600000
670
74400000
143
7460000
875
84700000
316
16000000 1345
129000000 187
34800000
740
125000000 201
142000000 103
33500000
270
87100000
42
240000000
77
1390000000 217

No.
triangles

Table I. TIN statistic of Italian Regions. The tiles at the boundary between different regions are fully counted in each region, so that the elements
of these tiles are present in both regions. Owing to this, the sum of the regional parameters is greater than the total in TINITALY/01.
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Fig. 6. The node density of the TINITALY/01 database has been derived triangulating the number of nodes per
km2 of all the tiles. Note the uneven distribution over the Italian territory. The resolution of the original input data source (fig. 2) clearly exerts a strong control on the TIN node density distribution. The number of TIN triangles is roughly twice the number of TIN nodes all over the model, so values reported on the scale bar of the figure can be directly converted to obtain the local average TIN triangle areas.

The average triangle area of the TIN range
from 12 to about 13000 m2 accordingly to different landscapes and different sources. Table II
summarize this value obtained over representative sample areas (400 to 3000 km2 wide) scattered throughout the entire database.

the nominal scale of input data and by the heterogeneity of the Italian landscape. Morphology evidently controls the density of features.
The lowest densities are attained in the major
Italian plains (the Po Valley in the North, the
plain areas in Campania and Puglia Regions),
whereas the highest densities are found in the
high relief areas of Valle D’Aosta and Eastern
Alps. In morphologically homogeneous areas,
for example South-East Sicily (South Italy) and
Liguria Region (North Italy), the node density
of the TIN is related mainly to the nominal
scale of input data (figs. 2 and 6).

3.1. TIN vertical accuracy
We have estimated the vertical accuracy of
TINITALY/01, by using independent sets of
control points:
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Table II. The Average TIN Triangle Area (ATTA)
for different data sources and different landscapes.
Data source

Landscape

ATTA (m2)

CTR 5000
CTR 10000
CTR 10000d
IGM 25000

Mountains
Mountains
Mountains
Mountains

12.0
72.9
310
656

CTR 5000
CTR 10000
CTR 10000d
IGM 25000

Hills
Hills
Hills
Hills

30.3
187
597
919

CTR 5000
CTR 10000
CTR 10000d
IGM 25000

Plains
Plains
Plains
Plains

197
1165
13269
1782

a) 200000 points from the more recently
available Technical Regional Cartography (vertical precision ±1.80 m) scattered over extra urban areas (EUA);
b) 1000 points form the LiDAR data set (L)
(Mazzarini et al., 2005) (vertical precision <1 m).
The direct comparison of TINITALY/01 and
these control points revealed a mean RMSE in elevation of less than 3.2 m for the entire investigated area. The great variability in the mean
RMSE (0.84 m Friuli Venezia Giulia; 5.99 m Calabria) of Italian regions is mainly due to the different sources of input data (table III and fig. 2).
Another set of points to evaluate the vertical
accuracy of TINITALY/01 was derived from
photogrammetric analysis of stereo pairs and
consists of 1800000 points (vertical precision

Table III. The elevation RMSE of the TIN for the 20 Regions of Italy.
Region

EUA RMSE (m)

UA RMSE (m)

Source

Abruzzo
Basilicata
Calabria
Campania
Emilia Romagna
Friuli Venezia Giulia
Lazio
Liguria
Lombardia
Marche
Molise
Piemonte
Puglia
Sardegna
Sicilia
Toscana
Trentino Alto Adige
Umbria
Valle d’Aosta
Veneto
Italy

4.43
4.32
5.99
3.20
5.05
0.84
5.92
5.35
3.68
2.08
3.76
1.76
2.14
1.97
3.19
2.05
2.76

5.26
5.97
6.91
4.98
2.74
1.36
5.89
2.63
4.83
2.38
4.51
2.13
2.52
2.33
5.35
2.83
2.09
2.01
1.91
1.25
4.29

IGM 25000
IGM 25000
IGM 25000
IGM 25000 (1)
CTR 10000d
CTR 5000
IGM 25000 (1)
IGM 25000 (1)
CTR 10000d d
CTR 10000d 0
IGM 25000
CTR 10000d
IGM 25000
CTR 10000d
IGM 25000 (1)
CTR 10000d (1)
CTR 10000d
CTR 10000d
CTR 10000d
CTR 10000d

3.20
LiDAR RMSE (m)

ETNA (Eastern Sicily)
(1)

2.44

These regions source data sets have different resolution (fig. 2).
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±0.80 m) concentrated in the Urban Areas (UA)
of several Italian cities. In this case the urban
data source strongly affected the resulting
RMSE. In particular, the average value for the
whole territory of Italy is 4.3 m (table III). This
very high value is explained as the source data
used in TINITALY/01 are generally poor in urban areas where the very heterogeneous and unevenly distributed manmade features can affect
data precision. Regions with low-resolution da-

ta sources (1:25000) show high RMSE values
ranging from 5.9 m in Calabria to 2.1 m in
Puglia, whereas regions at 1:10000 scale have
RMSE values ranging from 2.8 m in Trentino
Alto Adige to 1.8 m in Piemonte.
All the sets of control points used to test the
vertical accuracy of the TIN of Italy are shown
in fig. 7 and grouped into 3 different categories
according to their source (Extra Urban Areas,
LiDAR and Urban Areas).

Fig. 7. Vertical accuracies of TINITALY/01 plotted over a shaded relief image of Italy. Estimates were done
by using control point sets in Extra Urban Areas (EUA, circles), Urban Areas (UA, triangles) and LiDAR (L,
squares). Colors represent the local TIN nodes density, increasing from blue to red. The size of the symbols relate to the vertical accuracy of the TINITALY/01 elevations, according to the top-right legend of the figure.
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4. TIN to regular grid

First of all we derived a reference grid with
a cell size much smaller than the local average
TIN node spacing (cell size δxo = 0.3052 m, average TIN node spacing ∼4 m), so this grid
(Gδxo) is a good representation of the original
TIN. The number of nodes of Gδxo is N 2.
Then we have obtained the power spectrum
applying the FFT on Gδxo. Refining the approach
of Liu et al. (1999), the adopted landscape reference function was not the mean of the test area,
but the best fitting plane α, so that data were detrended and the variance was not masked by first
order components. Owing to data de-trending,
the basic component (i.e. the constant) of the FFT
power spectrum was zero, thereby giving greater
weight to data scattering. According to the Parseval-Rayleigh theorem, the sum of the variation
computed in the spatial domain equals the total
power (sum of the squared amplitudes) computed
in the frequency domain. At a cut-off frequency
kcut-off, the total loss of information σ2LOST(kcut-off)
can be calculated through

In terrain analysis a raster model is usually
preferred to a TIN one because of two main reasons:
– the use of matrix elaboration;
– the great compatibility with most software.
In this work we computed the grid cell values projecting each cell center (grid node) onto
the TIN surface, so the grid is a straightforward
sampling of the TIN.
The key question is to evaluate how close the
derived grid is to the input TIN. The answer implies the evaluation of the discrepancy between
these two models. For this purpose we compared
two different methods tested over a sample
square area (6.25 km2): the Fast Fourier Transform (FFT) approach (e.g., Liu et al., 1999) and
a simple statistic-based method (fig. 8a).
4.1. The wavelength analysis

σ2LOST (kcut − off) = / P (k1, k2)

The FFT approach provides information on
the relative amount of height variation at different wavelengths or spatial frequencies (Pike
and Rozema, 1975; Gallant et al., 1994).

a

N
k1, k2 = kcut − off ... 2
(4.1)

where P(k1, k2) is the power component of fre-

b

Fig. 8a,b. Comparison between the FFT and the RMSE. a) Shaded-relief image of the tile used as a test site
inside the Friuli Region (bottom left coordinates: x = 825000 m; y = 5130000 m in UTM WGS84 zone 32). b)
Plot of the elevation RMSE versus grid cell size δx (solid line) and of the error in elevation zFFT as estimated by
the FFT (dashed line) versus the cut-off wavelengths λ of the landscape features.
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quencies (k1, k2). σLOST represents the cumulative discrepancies in elevation between Gδxo
and a filtered grid obtained discarding frequencies >kcut-off for the N 2 Gδxo nodes. According
to the FFT approach, the resulting average error
in elevation (zFFT) obtained in a Gδxo node by
neglecting wavelengths (i.e. feature dimensions) below the grid step δx is therefore
zFFT =

σLOST
.
N2

single component may contain contributions
from several surface features.
4.2. The statistical analysis
A different evaluation of the «optimal» grid
step can be calculated through a statistical evaluation of the discrepancies between the TIN
and grids with different cell sizes (similarly to
the above calculated Gδxo -Gδxi discrepancies).
This evaluation was accomplished by analyzing
the elevation RMSE between the TIN and the
grids for given sets of sample points. The elevation of a sample point was obtained by projecting this point onto the TIN, and the corresponding elevation onto the grid was computed
through bilinear interpolation of the grid nodes.
Three different sets of points were used to
evaluate the match between the grid and the
original TIN in 40 sample areas representing
the Italian territory:
– The first set consisted of random points.
– The second set was the nodes of the TIN
itself; the contributions of these points were
weighted according to the area of the corresponding Voronoi polygon (Watson, 1981; Favalli and Pareschi, 2004). A Voronoi polygon in
a TIN lattice defines a polygon whose interior
includes all points in the plane which are closer
to a particular TIN point than to any other. This
set includes ridges and valleys points as inferred by the DEST algorithm. At these points
local slope discontinuities of the TIN occur.
– The third set was the barycentres of each
triangle in the TIN; the contribution of these
points was weighted according to the area of the
corresponding triangle. By definition these points
have zero curvature on the TIN, and they locally
maximize the distance from the edges of the TIN
mesh.
The RMSE between TIN and grids for these
three sets of points was calculated for different
cell sizes (from 5 m to 200 m by 5 m steps). In
each sample area the RMSE value was highest for
the set of TIN nodes, lowest for the set of barycentres and intermediate for the set of random points.
Considering that each grid approximates the TIN,
the RMSE was highest when the control points
lay near the vertices, or edges, of the TIN trian-

(4.2)

The zFFT obtained as a function of cut-off wavelengths λ of the landscape features was the dashed line in fig. 8b.
To validate the obtained error in elevation,
we related the wavelength λ to the grid cell size
δxi in the following procedure. We evaluated
the discrepancy between Gδxo and a series of
grids (Gδxi) derived from the same test TIN using an increasing step size δxi linearly varying
from 2δxo to 75 m (2δxo, 3δxo ...75 m); then we
calculated the difference in elevation between
each derived grid Gδxi and Gδxo at each Gδxo
nodes obtaining an elevation RMSE based on
an extremely rich sampling (Gδxo nodes = 67,
108, 864), that warrants a very accurate evaluation of the Gδxo-Gδxi discrepancies.
At the end of this procedure we plotted elevation RMSE versus grid cell size δxi (solid line
in fig. 8b). Comparing the dashed and the solid
lines, it results that, at short wavelengths (high
cut-off frequencies), the FFT overestimates the
error in respect to the RMSE.
Furthermore, the FFT approach can be misleading when applied to topographic data, because it assumes a stationary signal (i.e. the
landscape mean, variance and higher order moments should all be independent on location),
but this is not the case for topographic data. Another problem with the Fourier transform is that
often the sine functions are not a good representation of the fundamental shapes occurring in
the landscape, so a good localization in scale is
impossible. Non-sinusoidal shapes produce
harmonics at shorter wavelengths which can
mask the contribution of smaller features at
those wavelengths. This also implies that the
Fourier transform may represent a single feature in the landscape with a substantial number
of sinusoidal components and, conversely, a
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a

b

c

d

Fig. 9a-d. RMSE between TIN and grid for the TIN node set (red line), the barycentre set (green line) and the
random point set (blue line). The grid cell size step is 5 m. a) Valle d’Aosta; b) Basilicata; c) Puglia; d) Emilia
Romagna. Morphological data are listed in table III.
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Table IV. Characteristics for the four cases presented in fig. 9a-d.
Sampled regions

Tile side
(km)

Node density
(Node/km2)

Triangle density
(Triangle/km2)

RMSE height
(m)

Valle d’Aosta
Basilicata
Puglia
Emilia Romagna

2.5
10
10
10

12543
985
577
1.22

24726
1946
1138
1.55

317
160
63
9.4

gles, and lowest when the control points were as
distant as possible from the edges of the TIN
mesh (the barycentres of the TIN triangles).
Figure 9a-d and table IV show four test areas representing different data densities and different morphologies: the absolute RMSE decreases from Valle d’Aosta to Emilia Romagna,
while the relative difference between the nodes
RMSE and the barycentres RMSE increases.
These results show that a suitable amount of
random points yields a consistent average RMSE
and that the random set allows a significant test.

In the 30-200 m interval, the relationship
between RMSE and grid cell size becomes linear according to the regression function
RMSE = 0.0877δx − 0.2185 R2 = 0.999 . (4.4)
In order to investigate the significance of the
threshold where RMSE changes its trend, the
same analysis was performed on a grid derived
from 50 m equidistance contour lines (Emilia Romagna Region) and from 5 m equidistance contour lines (Friuli Venezia Giulia Region). In both
cases (fig. 10e,f), the trend change in RMSE versus δx function seems related to the contour interval of the original data (figs. 10e,f respectively for
50 m and 5 m contour intervals). Considering the
adopted random sampling over the entire territory,
contour lines spaced more than 25 m give a statistical contribution <<1%, and the trend change at
about 30 m (fig. 10d) seems related to the contribution of the 25 m equidistance contour lines.

4.3. The accuracy of the grids for TINITALY/01
Applying the procedure described at 4.2 we
evaluated the error introduced in deriving a grid at
variable step size for all of Italy. The procedure
generated more than 33 million random points
through the 24847 tiles of the TINITALY/01 database. The random points local density is proportional to the local density of TIN nodes. Figure
10a-f represents the RMSE distribution over the
Italian territory for a grid cell size of 10 m, 40 m
and 100 m. The diagram in fig. 10d shows the cumulative computation of the RMSE for the whole
territory of Italy with cell size varying from 5 m
to 200 m by 5 m steps. By plotting slope versus
cell size (fig. 10d), it results that the RMSE increases very fast in the 5-30 m range, according to
a second order polynomial regression

5. Examples of applications of the model
A major portion of the Italian territory is affected by severe natural hazards (floodings, landslides, debris-flows, volcanic eruptions, earthquakes). When dealing with environmental studies, a detailed DEM is essential for risk management, allowing numerical symulations and derived hazard maps (Kenward et al., 2000; Pareschi et al., 2002; Stevens et al., 2003).
The grid step largely influences both the
spatial pattern and the frequency distribution of
derived topographic attributes, such as slope
and catchment areas, or tectonic feature detection (e.g., Moore et al., 1991; Zhang and Montgomery, 1994; Zhou and Liu, 2004).

RMSE = 0.0011δx2 + 0.0304δx + 0.5421
R2 = 0.999
(4.3)
where δx is the cell size in meters and R2 is the
correlation coefficient.
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b

d

c

e

f

Fig. 10a-f. Distribution over the Italian territory of the RMSE derived from the transformation of the TINITALY/01
into a grid: a) map of the RMSE for a grid cell of 10 m; b) map of the RMSE for a grid cell of 40 m; c) map of the
RMSE for a grid cell of 100 m; d) RMSE versus grid cell size diagram (solid red line) and its slope (dashed blue
line) for the whole Italian territory; e) RMSE and its slope versus grid cell size diagram for the Emilia Romagna Region; f) RMSE and its slope versus grid cell size diagram for the Friuli Venezia Giulia Region. In all the cases, the
estimated RMSE shows two different trends at a threshold marked in the figures by a vertical yellow strip.
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We present here some applications based on
the TINITALY/01 DEM:
– In the Vesuvian area (South Italy), the
watershed extraction revealed that the volcanic
apparatus create a sort of natural dam hampering the drainage of the Nola basin towards the
sea (East flank of the volcano) highlighting a
flooding risk (Favalli et al., 2006b).
– In the western flanks of the Apenninic
Chain in Campania (South Italy) the model was
applied to quantify morphometric parameters
of steep basins providing insight for debris flow
hazard assessment (Pareschi et al., 2000a).
– In the areas covered by volcanoclastic deposits (i.e. Campania Region) the extraction of
slope maps allowed a preliminary zonation of
areas potentially exposed to debris flows hazard
(slope >25°) (Bisson et al., 2007).
– In Sicily (South Italy) the TINITALY/01
model was used to orthorectify Landsat images
allowing the extraction of burned area and providing a method to assess fire-related debris
flow hazard (Bisson et al., 2005).

The TIN of Italy consists of 1390 million of
triangles and its accuracy is evaluated by using
ground control points. The map of the vertical
accuracy is presented and discussed considering
both the local morphology and the input data
density. The obtained RMSE ranges from 0.1 m

a

b

6. Conclusions
A new detailed DEM of the whole Italian territory is presented (TINITALY/01). It currently
represents the Italian national-scale model with
the highest accuracy. We discussed the procedures that allowed the creation of this seamless
DEM starting from a very large heterogeneous
input dataset. We demonstrated that the adopted
DEST interpolation algorithm (Favalli and Pareschi, 2004) provides an unbiased triangulation.

Fig. 11a,b. Perspective views derived from the TINITALY/01 data base: a) the Dolomiti Mountains (Alps,
NE Italy) and b) the area around Vesuvius Volcano
(Campania Region). The approximate length of the
foreground base of the perspective images are respectively 32 and 55 km.

Table V. The views of the TINITALY/01 DEM on line (<https://webgis.pi.ingv.it> temporary address).
Viewed area
Alps
Apennines
Sardegna
Sicily
Val d’Aosta
Abruzzo
Friuli

Illumination
Azimuth
Elevation
90°N
315°N
315°N
315°N
315°N
315°N
315°N

45°
45°
45°
45°
45°
45°
45°

Azimuth

View point
Elevation Distance (km)

147°N
225°N
255°N
225°N
90°N
90°N
90°N
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30°
30°
30°
30°
90°
90°
90°

30000
30000
30000
30000
≈ infinite
≈ infinite
≈ infinite

GRID cell size (m)
10
10
10
10
5
10
5
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Forecasting lava flow paths by a stochastic approach,
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2004GL021718.
FAVALLI, M., G. CHIRICO, P. PAPALE, M.T. PARESCHI, M.
COLTELLI, N. LUCAYA and E. BOSCHI (2006a): Computer simulations of lava flow paths in the town of
Goma, Nyiragongo volcano, Democratic Republic of
Congo, J. Geophys. Res., 111, B06202, doi: 10.1029/
2004JB003527.
FAVALLI, M., M.T. PARESCHI and G. ZANCHETTA (2006b):
Simulation of syn-eruptive floods in the circumvesuvian plain (Southern Italy), Bull. Volcanol., 68, doi:
10.1007/s00445-005-0011-z, 349-362.
GALLANT, J.C., I.D. MOORE, M.F. HUTCHINSON and P.E.
GESSLER (1994): Estimating fractal dimension of profiles: a comparison of methods, Math. Geol., 26 (4),
455-481.
GANAS A., S. PALLIDES and V. KARASTATHIS (2005): DEMbased morphometry of range-front escarpments in Attica, Central Greece, and its relation to fault slip rates,
Geomorphology, 65, 301-319.
GUZZETTI, F. and P. REICHENBACH (1994): Towards a definition of topographic division of Italy, Geomorphology,
11, 57-74.
GUZZETTI, F., M. MARCHETTI and P. REICHENBACH (1997):
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HUTCHINSON, M.F. (1996): Australian Digital Elevation Mod-

to 6 m, the average RMSE for all Italy is less
than 3.5 m.
The problem of the loss of vertical accuracy
in deriving a grid from a TIN is then discussed.
In general, when a grid is derived from a TIN,
the FFT yields a biased information on the accuracy involved. We propose a statistical method to
evaluate the TIN to grid interpolation accuracy
and we provide equations that give resampling
errors as a function of the grid step δx.
We presented a series of applications of the
DEM for environmental assessment.
Several perspective and zenithal stereo images (anaglyph mode) have been generated
from the DEM (fig. 11a,b and table V) and
arranged for online navigation using the freeware Common Gateway Interface MapServer
(<http://mapserver.gis.umn.edu> accessed on
July 2007). On request, internet navigators can
browse stereo views of the Italian landscape at
<https://webgis.pi.ingv.it> (temporary address).
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